The existence of an extension of the range of definition of a function ƒ (x) defined on a* set S of a metric space M to a metric space M' so as to preserve a contraction of the type (i) \\f{*ù>Krt\\'*\W*& depends upon M and M f . The author has previously shown [3, 4] 1 that for M = M' the extension exists when M is : (1) the w-dimensional Euclidean space; (2) the surface of the w-dimensional Euclidean sphere; (3) the general Hubert space. In this brief article the exten^ sion is shown to exist when each M and M' is the n-dimensional hyperbolic space. The method used to prove this result is applied to a metric space which includes both the hemispherical and hyperbolic cases. Hence a unification of results is also obtained.
As shown in the previous papers [3, 4] a necessary and sufficient condition for a contraction to be extensible in M and M 1 is the property E, which is restated as follows. For convenience of discussion let M be an w-dimensional metric space which can be imbedded in an (n+1)-dimensional Euclidean space %. Let i?< be the Euclidean vector emanating from the origin of ^ to the point #*£ Af. It is assumed that there exists a symmetric real-valued bilinear product RiRj such that J?ri?» = i 2 = const, defines the metric space M. Suppose that for any two points Xi and Xj in M, Ri and Rj determine a Euclidean plane which intersects M in a unique continuous curve joining Xi and x$. This curve is defined to be a geodesic. Furthermore suppose the distance ||#i, #j|| in M is defined to be Also conditions (7) and the first of conditions (2) Similarly multiplying (9) by a<, summing on i, we get
Conditions (11) and (12) imply that
However multiplying (9) by al, we get
Since RR-R'R'^k 2 , conditions (13) and (14) 
